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Majhmatik  An�lush

B. Bl�qou kai G. Eleujer�khc

Jèma 1o:

a) 'Estw A ⊂ R arijm simo sÔnolo. Na apodeÐxete ìti Ao = ∅ ston metrikì q¸ro (R, | · |).
b) Na breÐte to sÔnoro tou sunìlou

√
3Q ston metrikì q¸ro (R, | · |) .

Jèma 2o:

'Estw f : (X, d) → (Y, ρ) suneq c sun�rthsh kai x0 ∈ X. DeÐxte ìti an xn → x0, tìte f(xn) →
f(x0).

Jèma 3o:

Na apodeÐxete ìti h akoloujÐa sunart sewn fn(x) = x2 + (−1)n cos(n
√

x)
n sugklÐnei omoiìmorfa kai

sthn sunèqeia na upologÐsete to limn

∫ 1
0 fn(x)dx.

Jèma 4o: DÐnetai h seir�
∞∑

n=1

x(sin2(nx))
n2

. Na deÐxete ìti:

a) H seir� sugklÐnei kat� shmeÐo sto R.
b) H seir� sugklÐnei omoiìmorfa se k�je kleistì upodi�sthma twn pragmatik¸n.
g) To ìrio thc seir�c eÐnai sun�rthsh suneq c se olìklhro to R.

Jèma 5o:

'Estw X sumpag c q¸roc kai f : (X, d) → (Y, ρ) suneq c. Na apodeÐxete ìti f(A) = f(A) gia k�je
A ⊂ X.
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