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JEMA 1o:

DÐnetai to sÔnolo A = {(−1)n n
n+1 : n ∈ N}. Na brejoÔn ta sÔnola

A′, A, A◦,
(a) Ston metrikì q¸ro (R, d), ìpou d h sun jhc metrik ,
(b) Ston metrikì q¸ro (R, δ), ìpou δ h diakrit  metrik .

JEMA 2o:
'Estw (X, d) metrikìc q¸roc kai Y ⊆ X. DeÐxte ìti Y = X an kai mìno an to

sÔnolo B(x, ε) ∩ Y eÐnai mh kenì gia k�je x ∈ X kai k�je ε > 0.

JEMA 3o:
'Estw (X, d) metrikìc q¸roc kai A ⊆ X.
(a) DeÐxte ìti h sun�rthsh

f : X → R, f(x) = d(x,A)

ìpou
d(x,A) = inf{d(x, a) : a ∈ A}

eÐnai suneq c.
(b) DeÐxte ìti

A = f−1({0}).

JEMA 4o:
(a) Na brejeÐ to di�sthma sÔgklishc thc dunamoseir�c

∑∞
n=1

(x+1)n
√

n
. (Mhn xe-

q�sete na elègxete ta �kra).
(b) Aitiolog sete ìti

lim
x→−1

( ∞∑
n=1

(x + 1)n

√
n

)
= 0.

JEMA 5o:
DÐnetai h seir� f(x) =

∑∞
n=1

1
(x+n)2

.

(a) DeÐxete ìti sugklÐnei omoiìmorfa sto di�sthma [0,+∞).
(b) Aitiolog sete ìti up�rqei to olokl rwma

∫ 1
0 f(x)dx kai upologÐste to.

Kal  epituqÐa
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