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ATXKHEEIZ, 11 oepa

1. Eav
. al . b1
= () =)
etvat Stavuopata oo R? pe a; > by > 0, kat by > as > 0, e€nyeiote 1 meptypadel kabéva amno
Ta oUvoAa
(@ Si={Aa+ub: <0 xat u <0},
®) S2={ a+pub: AR ka1 p>0}.
(y) Ss={da+pub: X €R rat u € R}.
(6) Sy ={a+pub:puecR}
() Ss={da+pub:\e€[0,1],u € R}.

2. Na Bpebouv otabepég ¢y, c2, c3 OOTE

1 2 3 6
ci |2 4+ca| 3] +c3 2 =114
3 1 —1 -2

3. Aei€te 6n 6ev unapyxouv otabepeg ¢y, ca, €3 WOTE

1 5 6 4
a1l | 4+c|—-2]+cs 9 =15
-3 1 —2 0

4. Oplopdg. Eav a kat b eivar siavvouata oo R™ o 16iaitepog yoauuicog ocuvduaouog
(1 —t)a+tb, 0<t<1
Aéyetal kuptég ocuvduaopdg twv a kat b.

(d) Bswpeiote 10V KUPTO CUVEUGHIO

v(t) = (1—1) <g>+t® 0<t<l.

Aeitte 6t kabwg 1o t draypaget o drdompa [0, 1] to Sidvuopa v(t) daypdpet 1o gubU-
ypappo tunua pe dxpa ta onpeia (0,2) xat (1,1)
(B) EAeubBepavoviag 1o ¢ dote va rmapet onotadnIiote paypatiky iy dikatoloyrnote ylati to

v(t) mapiotavel v egiowon g eubeiag tou erurédou n oroia mepiexet ta onueia (0, 2)
kat (1,1).

"YrievBunioupe 611 yia kaPe Saotnua [a, b] tng eubeiag 10xUet
[a,b] ={z:z = (1 —t)a + tb yia xarowo t € [0, 1]}.

Tt 9a Aéyate va 1o anodeikvuate. To avadoyo 1oxVel kat yia ta Swaotjpata [a, b), 1 (a,b], 1 (a, b).



P )00

Kat darmotdvoviag ot 1 v Adyw eubeia eival mapdAAnAn oto diavuopa (1 — 1) , YEVI-

kevote kat Sei€te o n eubeia tou erurnédou n onoia mepiéxet o onueio (a,b) kat eivat
, . T ., : .

napdAAnAn oto diavuopa u = (p q) Oivetatl amo tn oxeon

r(t) = (Z) +t<§), —00 < t < +o00.

5. 4 H avioétnta Cauchy-Bunyakovsky-Schwarz EGv u xat v sivat iavuopata oto R”, 16te

BA¢ne ‘Aoknon 1 (6).

ju-v| < lullf]v].
[ootta 1oxvel otV avicdtnta av Kat povo av ta U = AV yila Kanowa otabepa .
6. Av a,b,0 € R xpnoponoikviag 10 e0RTEPIKO yivopevo deite ot

(acosf + bsin0)? < a® + b°.

7. Edv ay,ay,...,a, € R xpnowponowwviag 1o e0®1ePIKO yvopevo Seifte ot

(ay 4+ ag+ - +a,)? <n(a? +a3+---+d2).



AYZEIZ

1. Ta davuopata sivatl onwg oto Xxnua 1.

Y

Yxfua 1: Ta davuopata a xkat b.

®) Sa={ra+pub: A eR xat pu > 0}.
To turiko 8i1avuopa tou S givat dtaywviog mapaAAnAoypappou pe mAeUpEg Katd PHKOG ToU
dlavuopatog a, 1) tou —a, dnAadn g subeiag A\a, A € R, kat tou diavuopatog b, dndadr)
g nuievbeiag pub, p > 0. Katd ouvénela to Sy elvat to nuiertinedo rou kabopilel n eubeia
61a tou a 1o ormoio mepigxetl 1o Sidvuopa b. Eival to okiacpévo oto Zxfua 2.

Ixfua 2: To ouvoro Ss.



6) Sa={a+pb:pecR}
To turko diavuoua tou Sy eivatl Siaymviog rapaddndoypdppou pe pia miseupd to Sidvuopa
a, Kat mv adAn katd pnakog g eubeiag pb, p € R. Katd ouvénewa to Sy gival i) eubeia 6ia

tou a apdAAndn oty ub.

Yxfua 3: To Sy.

€) S5 ={da+ub:\Xe€0,1],u € R}

Zxnpa 4: To Ss.

4. Av a xat b eivat 8vo Saviopata oo R? ta oroia 8ev mepiéyoviat oty i61a eubeia o KUPTOG

ouvduaopog toug eivat 1o diavuopa

u=(1-XA\b+ Aa, 0<A<1.

[Tapatnpaviag OTl T0 U Propet va ypadel og

u=b+Aa-bh),



BAéroupe Ot to U eival n Hlaywviog rmapaAAnAoypdppou He MAEUPEG Katd UNKog tov b kat
a — b, BAéne Zxfpa. Kata ouvénela o u daypdget ) Bdon tou tpryovou pe “rideupég” ta b
kat a, kabwg to A Saypaget 1o ddompa [0,1]. Tia A = 0 eivat u = b, eve yua A = 1 givar
u=a.




